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Odd aberrations and double-pass
measurements of retinal image quality
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We investigated the formation of the aerial image in the double-pass method to measure the optical quality of
the human eye. We show theoretically and empirically that the double pass through the eye’s optics forces the
light distribution in the aerial image to be an even-symmetric function even if the single-pass point-spread
function is asymmetric as a result of odd aberrations in the eye. The reason for this is that the double-
pass imaging process is described by the autocorrelation rather than the autoconvolution of the single-pass
point-spread functions, as has been previously assumed. This implies that although the modulation transfer
function can be computed from the double-pass aerial image, the phase transfer function cannot. We also
show that the lateral chromatic aberration of the eye cannot be measured with the double-pass procedure
because it is canceled by the second pass through the eye’s optics.
1. INTRODUCTION

The double-pass method (or ophthalmoscopic technique)
has been widely used to measure retinal image quality in
the human eye (see, for instance, Ref. 1 for a recent gen-
eral review). When an object is imaged onto the retina,
a fraction of the light is reflected back and the external
retinal image (aerial image) is used to estimate the aber-
rations of the eye, the point-spread function (PSF), the
line-spread function, and the ocular modulation transfer
function (MTF). Flamant2 obtained the first double-pass
line-spread function recorded photographically, and later
other authors used photomultipliers to scan the aerial im-
age of lines, edges, and gratings.3 – 7 More recently we
developed an improved version of the double-pass system,
recording the aerial image of a point source with electronic
imaging devices such as CCD arrays.8,9

The double-pass method offers several advantages over
other methods for estimating retinal image quality. It
is an objective method that is comfortable for the sub-
ject. It takes less than 10 min to obtain a complete two-
dimensional MTF with our experimental system.8,9 It is
also applicable to the peripheral retina,10 where neural
limitations make it difficult to apply subjective methods.
However, the technique also has its limitations. One
involves uncertainties about how the reflection of light
from different retinal layers affects the estimate of the
MTF. Van Blockland and van Norren11 observed two
components in the retinal reflection, a wide scattering
halo and a specular component, and Gorrand12 concluded
from his experiments that the double-pass method should
underestimate the image quality of the eye. However,
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by recording the retinal image of two points simultane-
ously, we showed9 that the retina in the central fovea
has little effect on the double-pass MTF. In addition,
Williams et al.13 recently compared the MTF’s obtained
with double-pass and psychophysical methods. They
showed that although the double pass tends to under-
estimate the MTF slightly, especially for high spatial
frequencies, most of the light that forms the double-pass
image seems to come from the entrance aperture of pho-
toreceptors and not from other retinal layers. Another
difficulty with the double-pass method is that the field
of view over which the aerial image is collected can af-
fect the MTF estimate.14 One approach to this problem
is to estimate the PSF over a wide angle by combining
double-pass with psychophysical glare measurements.15

Alternatively, on can capture a large fraction of the aerial
image with a CCD array that permits accurate absolute
radiometric measurements of the aerial image tails.13 So
despite the problems of interpreting the aerial image, it is
clear that the double-pass image available outside the eye
is well correlated with the single-pass light distribution
on the retina.

On the other hand, the estimates of some ocular aber-
rations obtained from double-pass measurements are dif-
ferent from those obtained with subjective methods.16,17

Large amounts of comalike aberrations were found with
the subjective methods, whereas the double-pass results
do not show significant values of odd aberrations either
in the fovea or in the periphery. Moreover, when we re-
cently used the double-pass method to measure retinal
image quality with decentered artificial pupils,18 which
should have produced coma, the aerial images were even
1995 Optical Society of America
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symmetric. These facts suggested that the double-pass
configuration might produce only even aerial images. In
this paper we show that the double-pass method loses the
phase of the optical transfer function and estimates of
odd aberrations, such as coma or distortion. However,
we also show that this loss of phase does not influence
the correct estimation of the eye’s MTF.

2. IMAGE FORMATION IN THE
DOUBLE-PASS METHOD

A. Theory
Figure 1 shows a schematic diagram of the image-
formation process for an off-axis point test in a system
with comalike aberrations (odd wave aberration). In the
figure, x, y are spatial coordinates in the object plane;
x0, y 0 are spatial coordinates in the single-pass plane
(the retina in the case of the eye); x00, y 00 are spatial co-
ordinates in the second-pass plane (aerial image); d, d0

are the object and the image distance, respectively, and
the refractive index has been assumed to be unity in
the object and image space for the sake of clarity. This
figure mimics the situation in the eye, where if we as-
sume that the eye is a reversible optical system and is
locally isoplanatic in the fovea,9 the whole process can
be unfolded in two equivalent stages (first and second
passages) having approximately the same optical perfor-
mance. The amplitude-spread function for the first pass
between planes sx, yd and sx0, y 0 d can be written as19
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Fig. 1. Schematic diagram of the image-formation process in the
double pass. x, y, object coordinates; x0, y 0, image-plane (reti-
nal) coordinates; x00, y 00, double-pass coordinates; d, d0, object
and image distances, respectively. Object O is a point test, and
P sx0, y 0d is the single-pass PSF.

where j2, h2 are coordinates at the second-pass exit-pupil
plane and the asterisk denotes complex conjugation. In
the paraxial approximation (assuming small aberrations),
the wave aberration will be the same in both passages,
except for a change of sign (as is shown in Fig. 1). Taking
into account that d0 ­ 2dm (with the sign convention,
d negative and d

0 positive), Eqs. (1) and (2) are formally
equal, having the following relationship:
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The amplitude distribution of a point source hexpressed
by a Dirac delta function, fOsx, yd ­ dsx, ydgj in the first
pass is h1sx0, y 0 d, and after reflection in the retina and the
second pass through the eye the amplitude distribution of
the aerial image fOi

00sx00, y 00 dg is given by the superposition
integral19
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where Ri is the amplitude reflection factor in the
retina. With an additional change of variable f x 0 ­
2s1ymdx0, y 0 ­ 2s1ymdy 0 g and using the relationship of
Eq. (3), we can rewrite Eq. (4) as

Oi
00sx00, y 00d ­ m2
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where ≠ means convolution. The intensity of the coher-
ent double-pass retinal image (short exposure) will be

Ii
00sx00, y 00 d ­ jOi

00sx00, y 00 dj2 ­ m4jh1smx00, my 00 d

≠ fh1s2mx00, 2my 00 dRis2mx00, 2my 00 dgj2. (6)

The incoherent double-pass image is obtained by averag-
ing of the coherent images, as given by Eq. (6) (see Refs. 8
and 9 for further details on this averaging process). If
the retinal reflection factor fRisx00, y 00dg is assumed to be a
complex function with unit modulus and random phase,
we find that the averaged double-pass image, fI 00sx00, y 00dg,
is

kI l ­ I 00sx00, y 00 d ­
1
N

NX
i­1

Ii
00sx00, y 00 d

/ jh1smx00, my 00 dj2 ≠ jh1s2mx00, 2my 00 dj2

­ P smx00, my 00 d ≠ P s2mx00, 2my 00 d , (7)

where N is the number of short-exposure images that are
averaged and P smx00, my 00 d is the PSF of the eye (single-
pass retinal image of a point test). The double-pass reti-
nal image is related to the PSF (single-pass retinal image)
by the autoconvolution with a negative sign in the argu-
ment of one of the PSF’s; this autoconvolution indeed is
the autocorrelation of the PSF. The change of variable
above Eq. (5) allowed us finally to obtain the usual form
of the autocorrelation.

An intuitive explanation of this result is illustrated in
Fig. 1. An off-axis point source O is subject to coma,
resulting in the asymmetric (comalike) single-pass PSF
shown in the retinal plane. The second-pass imaging
process, which proceeds in reverse direction from right to
left, produces an inverted geometrical image of the PSF,
fP s2mx00, 2my 00 dg, which is convolved with the PSF of the
second pass fP smx00, my 00 dg, which has the same orienta-
tion as in the first pass. The convolution of an image
with a copy of itself, rotated 180 deg, is an autocorrela-
tion that is always even symmetric.

The ocular MTF, fMsu, vdg, can be calculated from the
double-pass image as

Msu, vd ­ hjFTfI 00sx00, y 00 dgjj1/2

­ hjFTfP smx00, my 00 d ≠ P s2mx00, 2my 00 dgjj1/2

­ hjFTfP smx00, my 00 dgFTfP s2mx00, 2my 00 dgjj1/2

­ fjH su, vdH s2u, 2vdjg1/2

­ fH su, vdHpsu, vdg1/2, (8)

where H su, vd ­ FTfP smx00, my 00dg ­ Msu, vdexpfiOf

su, vdg is the optical transfer function; u, v are the spatial-
frequency coordinates, and FT means Fourier trans-
formation. The phase Of su, vd is the phase transfer
function (PTF), and when it is computed from the double-
pass image I 00sx00, y 00 d it is a constant. The reason is that
the Fourier transform of a real and even function [as is
the aerial image, I 00sx00, y 00 d, according to relation (7)] is
also a real and even function.20 Previous practitioners of
(a)

(b)
Fig. 2. Experimental setups for recording the (a) single-pass and (b) double-pass PSF’s in an artificial eye, LT. ND, neutral-density
filter; M1, M2, microscope objectives (103); O, 10-mm pinhole (object test); L1, collimator lens; L2, L3, Badal system lenses s f 0 ­ 120 mmd;
L, lens s f 0 ­ 200 mmd; RD, rotating diffuser.
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Fig. 3. Logarithm of the single-pass PSF fP sx0, y 0 dg in a gray-
level image and a 1-D horizontal section.

the double-pass method, including ourselves,8,21 assumed
that the double-pass image was the autoconvolution of the
retinal image (PSF), instead of the autocorrelation of the
PSF, as has been shown here. Under that assumption,
both the PTF and comalike aberrations could be obtained
from the double-pass image.

B. Single- and Double-Pass Point-Spread
Functions Measured in an Artificial Eye
To establish the validity of the above theory, we mea-
sured the single- and double-pass PSF’s in an artificial
eye. We chose an artificial eye because this permits ac-
cess to the single-pass PSF as well as to the double-pass
aerial image, whereas in the living eye, only the double-
pass image is accessible. Figure 2 shows the two setups
that we used. Figure 2(a) shows the setup for measuring
the single-pass PSF. A Badal system, L2 –L3, projected
a 5-mm aperture, S1, onto a 70-D lens, LT, which acted
as the artificial eye. To measure the single-pass PSF
with the required resolution, a 103 objective microscope,
M1, magnified the image of the object, O, on the CCD
camera (HPC-1, Spectrasource Inc.) containing a full-
frame CCD array (Tektronik TK1024CF, 1024 3 1024
pixels). Figure 2(b) shows the setup for measuring the
double-pass image. Lens LT forms the image of the ob-
ject, O, on a rotating diffuser, RD, placed in its focal
plane. The function of the diffuser is to mimic the effect
of eye movements, which render the light incoherent in
the averaged double-pass image obtained in the real eye.
The light is reflected back from the diffuser and after
it has passed through the beam splitter, BS, another
lens, L s f 0 ­ 200 mmd, forms the double-pass PSF on
the CCD camera. Both images are recorded and stored
in an image-processing system as 256 3 256 pixels with
16 bitsypixel images, under the same conditions of focus,
pupil size, and centering.

We have chosen as an example the results with a PSF
that suffers from coma. To produce coma, we displaced
the incident beam horizontally with respect to the cen-
ter of lens LT, which is a situation equivalent to that
Fig. 4. Logarithm of the single-pass (aerial) image fI 00sx00, y 00 dg:
gray-level image and 1-D horizontal section.
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Fig. 5. Logarithm of the autocorrelation of the single-pass PSF:
gray-level image and 1-D horizontal section.

of Fig. 1. To permit better visualization, because of the
high dynamic range of the images, we present the loga-
rithm of the resulting images in Figs. 3 and 4. Figure 3
shows the coma-shaped single-pass PSF fP smx00, my 0 dg in
a gray-level image and a one-dimensional (1-D) horizontal
section. Figure 4 shows the double-pass PSF fI 00sx00, y 00 dg
(gray-level image and 1-D horizontal section). From the
single-pass PSF, the double-pass images were computed
both by autocorrelation [according to relation (7)] and
by autoconvolution. The logarithm of these computed
double-pass images is presented in Figs. 5 and 6, respec-
tively, in gray-level images and 1-D horizontal sections.
These results should be compared with the measured
double-pass image. The double-pass image observed ex-
perimentally (Fig. 4) is even symmetric, agreeing with the
autocorrelation (Fig. 5) rather than with the autoconvolu-
tion (Fig. 6) of the single-pass PSF.

Figure 7 shows 1-D sections of the MTF’s computed
from the single-pass (dotted curve) and double-pass (solid
curve) images. The two MTF’s are quite similar, which
shows that the MTF can be estimated accurately from the
double-pass image, even though the aerial image has lost
the asymmetry produced by coma.

C. Lateral Chromatic Aberration and the Double Pass
We also recorded single and double pass by using a
He–Ne laser sl ­ 632 nmd and one Ar1 laser sl ­
488 nmd. The setups of Fig. 2 allow us to record the im-
ages of both points simultaneously. Lens LT was twisted
with respect to the incident beam to have a large, and
then more easily measurable, lateral or transverse chro-
matic aberration. Figures 8(a) and 8(b) show the single-
and double-pass PSF’s, respectively, for red and blue
sources. Taking into account the appropriate numbers
for the magnification in both configurations, we found
a separation between the peaks of the red and the blue
images in the single pass near 78 mm, whereas in the
double-pass images this distance was near 9 mm. These
measurements indicate that the lateral chromatic aberra-
tion is nearly completely compensated in the second pass.
This experiment confirms that the double-pass technique
Fig. 6. Logarithm of the autoconvolution of the single-pass PSF:
gray-level image and 1-D horizontal section.
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Fig. 7. 1-D sections of the MTF’s computed from the single-pass
PSF (solid curve) and from the double-pass image (dotted curve).

(a)

(b)
Fig. 8. (a) Single-pass PSF’s and (b) double-pass images for red
(632-nm) and blue (488-nm) light.
is not appropriate for determining lateral chromatic aber-
ration in the human eye.

3. DISCUSSION
The image-formation process that removes asymmetries,
caused by odd monochromatic aberrations, from the
double-pass aerial image has a similar influence on chro-
matic aberrations that generate asymmetric single-pass
PSF’s. Indeed, any aberration that produces asymme-
try in the single-pass PSF, such as distortion as well as
coma and lateral chromatic aberration, will appear as
even-symmetric blurring in the double-pass aerial im-
age. Consequently, the actual retinal PSF cannot be
easily determined from double-pass measurements, be-
cause the double-pass image is related to the single-pass
(retinal) image through autocorrelation instead of auto-
convolution, as was previously assumed by theorists and
practitioners2,8 of the double-pass method. All the phase
information is lost in the double-pass images. This im-
plies that previous PTF determinations from the double
pass21 were not correct. They clearly underestimated
the resulting PTF by the assumption that the double-
pass image was the autoconvolution of the retinal image.
This fact can explain the discrepancies among some sub-
jective methods that found important amounts of coma
and large values of the phase transfer, whereas no double-
pass studies have found coma either in the fovea or in the
periphery. A review of typical double-pass images shows
that they always have approximately an even symmetry,
corresponding to an image given by Eq. (8). Despite
the prediction of the mathematical analysis, PTF’s are
slightly nonuniform and coma is small but not zero in
the double pass. The reason could be that some spatial
inhomogeneities in the retinal reflection or in the mea-
suring beam introduce additional asymmetries. Here, it
is interesting to see Fig. 4 of Ref. 21, in which the PSF
obtained from the double pass and the PSF corresponding
to a zero (or flat) PTF are compared. Only small differ-
ences appear, because the actual double-pass image was
already symmetrized in the second pass.

Despite the limitations on the double-pass method de-
scribed here, we have some evidence that the importance
of comalike aberrations in the peripheral retina is limited.
With the accommodation paralyzed, we recorded aerial
images, looking for the horizontal and vertical astigmatic
foci.22 These results together with others from measure-
ments with natural pupil and accommodation10 showed
that astigmatism, rather than coma, is the main aberra-
tion in the periphery. We found that once astigmatism is
corrected with cylindrical lenses, the image quality of the
eye declines very little with retinal eccentricity. Though
coma does not produce an asymmetry in the double-pass
aerial image, it should blur the image nonetheless, as
we have confirmed with computer simulations. Because
the residual blur seen when astigmatism is corrected is
small, coma should be relatively less important. We em-
phasize that the double-pass method remains valuable for
studying the eye’s optical performance because the ocular
MTF can be computed from the double-pass image. In
the understanding of the relative contributions of optical
and neural stages in the visual system, the MTF plays a
prominent role.23 – 25
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It may be possible to recover the phase information
lost in the double passage through the eye with the use
of phase-retrieval algorithms26 that are widely used in
other applications.27 Alternatively, it may also be pos-
sible to modify the double-pass method, using different
entrance and exit pupil diameters, to obtain complete in-
formation. In addition, subjective methods for measur-
ing phase errors16 or objective methods that measure the
wave-front error in the pupil plane of the eye, such as the
objective aberroscope method28 or the Hartmann–Shack
method,29 allow the PTF to be measured.
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2. M. F. Flamant, “Étude de la repartition de lumière dans
l’image retinienne d’une fente,” Rev. Opt. 34, 433–459
(1955).

3. J. Krauskpof, “Light distribution in human retinal images,”
J. Opt. Soc. Am. 52, 1046–1050 (1962).

4. F. W. Campbell and R. W. Gubisch, “Optical image quality of
the human eye,” J. Physiol. (London) 186, 558–578 (1966).

5. R. W. Gubisch, “Optical performance of the human eye,”
J. Opt. Soc. Am. 57, 407–415 (1967).

6. R. Rohler, U. Miller, and M. Aberl, “Zur Messung der Modu-
latonsubertragungsfunktion des Lebenden menschlichen
Auges in reflektierten Licht,” Vision Res. 9, 407–428 (1969).

7. J. A. M. Jennings and W. N. Charman, “Off-axis image
quality in the human eye,” Vision Res. 21, 445–454 (1981).

8. J. Santamarı́a, P. Artal, and J. Bescós, “Determination of
the point-spread function of human eyes using a hybrid
optical–digital method,” J. Opt. Soc. Am. A 4, 1109–1114
(1987).

9. P. Artal and R. Navarro, “Simultaneous measurement of
two-point-spread functions at different locations across the
human fovea,” Appl. Opt. 31, 3646–3656 (1992).

10. R. Navarro, P. Artal, and D. R. Williams, “Modulation trans-
fer of the human eye as a function of retinal eccentricity,”
J. Opt. Soc. Am. A 10, 201–212 (1993).

11. J. G. van Blockland and D. van Norren, “Intensity and po-
larization of light scattered at small angles from the human
fovea,” Vision Res. 26, 485–494 (1986).
12. J. M. Gorrand, “Reflection characteristics of the human
fovea assessed by reflectomodulometry,” Ophthalmol. Phys-
iol. Opt. 9, 53–60 (1989).

13. D. R. Williams, D. Brainard, M. MacHahon, and R. Navarro,
“Double-pass and interferometric measures of the optical
quality of the eye,” J. Opt. Soc. Am. A (to be published).

14. J. F. Simon and P. Denieul, “Influence of the size of the test
employed in measurements of modulation transfer function
of the eye,” J. Opt. Soc. Am. 63, 894–896 (1973).

15. J. J. Vos, J. Walraven, and A. Meeteren, “Light profiles of
the foveal images of a point test,” Vision Res. 16, 215–219
(1976).

16. H. C. Howland and B. Howland, “A subjective method for
the measurement of monochromatic aberrations of the eye,”
J. Opt. Soc. Am. 67, 1508–1518 (1977).

17. M. C. W. Campbell, E. M. Harrison, and P. Simonet, “Psy-
chophysical measurements of the blur on the retina due
to the optical aberrations of the eye,” Vision Res. 30,
1587–1602 (1990).

18. S. Marcos, P. Artal, and D. G. Green, “The effect of decen-
tered small pupils on optical modulation transfer and con-
trast sensitivity,” Invest. Ophthalmol. Vis. Sci. Suppl. 35,
1258 (1994).

19. J. W. Goodman, Introduction to Fourier Optics (McGraw-
Hill, New York, 1968).

20. R. Bracewell, The Fourier Transform and Its Applications
(McGraw-Hill, New York, 1965).

21. P. Artal, J. Santamarı́a, and J. Bescós, “Phase-transfer func-
tion of the human eye and its influence on point-spread func-
tion and wave aberration,” J. Opt. Soc. Am. A 5, 1791–1795
(1988).

22. P. Artal, R. Navarro, D. H. Brainard, S. J. Galvin, and D. R.
Williams, “Off-axis optical quality of the eye and retinal
sampling,” Invest. Ophthalmol. Vis. Sci. Suppl. 33, 3241
(1992).

23. P. Artal, M. Ferro, I. Miranda, and R. Navarro, “Effects
of aging in retinal image quality,” J. Opt. Soc. Am. A 10,
1656–1662 (1993).

24. M. A. Losada, R. Navarro, and J. Santamarı́a, “Relative con-
tribution of optical and neural limitations to human con-
trast sensitivity at different luminance levels,” Vision Res.
33, 2321–2336 (1993).

25. N. Sekiguchi, D. R. Williams, and D. H. Brainard, “Effi-
ciency in detection of isoluminant and isochomatic interfer-
ence fringes,” J. Opt. Soc. Am. A 10, 2118–2133 (1993).

26. P. Artal, J. Santamarı́a, and J. Bescós, “Retrieval of wave
aberration of human eyes from actual point-spread-function
data,” J. Opt. Soc. Am. A 5, 1201–1206 (1988).

27. J. C. Dainty and J. R. Fienup, “Phase retrieval and image
reconstruction for astronomy,” in Image Recovery: Theory
and Applications, H. Stark, ed. (Academic, New York, 1987),
pp. 231–273.

28. G. Walsh, W. N. Charman, and H. C. Howland, “Objective
technique for the determination of monochromatic aberra-
tions of the human eye,” J. Opt. Soc. Am. A 1, 987–992
(1984).

29. J. Liang, B. Grimm, S. Goelz, and J. Bille, “Objective mea-
surement of wave aberrations of the human eye with the
use of a Hartmann–Shack wave-front sensor,” J. Opt. Soc.
Am. A 11, 1949–1957 (1994).










